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ABSTRACT

Let R be a ring. A right R-module M is called principally injective if
every R-homomorphism from a principal right ideal of B to M can be extended
to B. We extend this notion to modules. A right R-module N is called M-
principally injective if every R-homomorphism from an M-cyclic submodule of
M to N can be extended to M. A right R-module M is called quasi-principally
injective if it is M-principally injective. Dually, a right B-module N is called
M-principally projective if every R-homomorphism from N to an M-cyclic
submodule of M can be lifted to an R-homomorphism from N to M. A right
R-module M is called semi-projective if it is M-principally projective.

In this thesis, we give some characterizations and properties of quasi-
principally injective modules which generalize results of Nicholson and Yousif.
For a semi-projective module, we show: (1) The endomorphism ring of a semi-
projective module is regular if and only if the image of every endomorphism is
a direct summand. (2) The kernel of every endomorphism of a semi-projective

module is a direct summand if and only if the endomorphism ring S is a PP-
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ring and Ker(F(s)) D Ker(s) for all F € Homg(sS,S) and all s € S. (3) If the
endomorphism ring of a semi-projective module is principally injective (min-
injective), then the module ifself is quasi-principally injective (respectively,
quasi-mininjective).



